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ABSTRACT: We apply the state identi cation techniques for testing communication sys-

tems which are modeled labeled transition systems (LTSs). The conformance requirements
of speci cations are represented as the trace equivalence relation and derived tests have nite
behavior and provide well-de ned fault coverage. We rede ne in the realm of LTSs the notions
of state identi cation that were originally de ned in the realm of input/output nite state machines (FSMs). Then we present the corresponding test generation methods and discuss their
fault coverage. It is shown that for an FSM-based method with a notion of state identi cation
we can have a corresponding LTS-based method with a similar notion of state identi cation,
and if the FSM-based method guarantees complete fault coverage then the LTS-analogue also
guarantees such coverage.

1 Introduction
One of the important issues of conformance testing is to derive useful tests for labeled transition
systems (LTSs), which serve as a semantic model for various speci cation languages, e.g.,
LOTOS, CCS, and CSP. Testing theories and methods for test derivation in the LTS formalism
have been developed in [3, 21, 16, 4, 7, 1, 18, 20]. In particular, a so-called conf relation and
canonical tester [3] became the basis for a large body of work in this area.
Unfortunately, the canonical tester approach cannot be taken into account when test generation for real protocols is attempted. The canonical tester has in nite behavior whenever
the speci cation describes an in nite behavior; no fault coverage is measured for the individual
tests derived in [21] or n-testers derived in [16]. Moreover, we believe that the conf relation
alone is too weak as a criterion to accept an implementation, because only the deadlocks
that are implemented after the valid traces in the speci cation are to be checked. Since this
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relation does not deal with invalid traces, it allows for a trivial implementation which has a
single state with looping transitions labeled with all possible actions, and such an implementation conforms to any LTS speci cation with the same alphabet with respect to the conf
relation [19]. Thus even though an implementation is concluded being valid based on conf,
another relation, such as trace-equivalence, has to be tested as well.
Observing and comparing traces of executed interactions is usual means for conformance
testing of protocols, and in many cases it is required that an implementation should have the
same traces as its speci cation. In particular, most existing protocols are deterministic, and in
the case of determinism several other ner testing semantics [23], such as failure or failure trace,
are reduced to the trace semantics. Based on the notion of such experiments and the trace
equivalence relation, a number of competing test derivation methods with fault coverage have
been elaborated [10, 5, 17, 24, 9, 14, 12, 13] for protocols in the formalism of input/output nite
state machines (FSMs), many of which use the state identi cation techniques to obtain better
fault coverage. Compared to FSMs, LTSs are in some sense a more general descriptive model
which use rendezvous communication without distinction between input and output; there
are various criteria determining whether an implementation conforms to a speci cation [23];
most existing test derivation methods use the exhaustive testing approach in order to prove
the correctness of the implementation in respect to a given conformance relation. Apparently,
such an approach is often impractical since it may involve a test suite of in nite length. The
approximation approach [16, 21], such as n-testers, which is proposed to solve this problem,
provides no fault coverage measure for conformity of the implementation with its speci cation.
Conformance testing should be developed in such a way that the given conformance relation is determined by the real conformance requirements and test suites have nite behavior
and ensure well-de ned fault coverage. Several attempts have been made to apply the ideas
underlying the FSM-based methods to the LTS model [8, 4, 1, 18, 19] for several conformance
relations. In particular, this research is directed towards rede ning the notions of state identication in the LTS realm for a given relation. [4] tries the UIO-based state identi cation [17].
[8] considers the characterization sets [5]. [1] introduces the state identi cation machines. In
[15, 18], another approach is taken, where an LTS is represented as an FSM model, an existing
FSM-based method is applied, and then the derived tests are translated back into the LTS
formalism. In [19], the HSI method [14, 13] is adapted for trace equivalence.
However, these attempts are limited to individual or informal applications of the notions of
state identi cation underlying the FSM-based methods. In fact, the FSM-based notions can
also be applied directly to the LTS model if an appropriate distinguishabilty of states is de ned
in the LTS model. In the FSM model, two states are distinguished if di erent output behaviors
are observed when a common input sequence is applied to the two states, respectively. In the
LTS model, two states can be distinguished if, after a common sequence of interactions, a
given action be executed for one of the two states while the same action cannot be executed
for the other. Therefore, a systematic approach based on the notions of state identi cation
can also be developed in the LTS model such that we could devise alternative and competing
techniques that guarantees fault coverage, for constructing useful tests for protocols based on
the LTS semantics.
In this paper, based on the framework of testing LTSs [20] in respect to trace equivalence,
we rede ne in the LTS model the notions of state identi cation which were originally used in
the FSM realm. Based on the adapted notions, the corresponding test derivation methods are
2

s0
τ
s1

τ a
b

a

c
s2

c

s3

b
s5

s4

Figure 1: An LTS graph
presented, and it is shown that for an FSM-based method with a notion of state identi cation
we can have a corresponding LTS-based method with a similar notion of state identi cation,
and if the FSM-based method guarantees complete fault coverage then the LTS-analogue also
guarantees complete fault coverage.

2 Labeled Transition Systems

De nition 1 (Labeled transition system (LTS)): A labeled transition system is a 4-tuple
< S; ; ; s0 >, where
 S is a nite set of states, s0 2 S , is the initial state.
  is a nite set of labels, called observable actions;  62  is called an internal action.
   S  ( [ f g)  S is a transitions set. (p; ; q) 2  is denoted by p ? ! q.
An LTS is said to be nondeterministic if it has some transition labeled with  or there
exist p ? a! p1; p ? a! p2 2  but p1 6= p2. A deterministic LTS has no internal actions and
the outgoing transitions of any state are uniquely labeled.
An LTS can also be represented by a directed graph where nodes are states and labeled
edges are transitions. An LTS graph is shown in Figure 1.
Given an LTS S =< S; ; ; s0 >, let p; q 2 S and  2  [ f g, the conventional notations shown in Table 1 are relevant to a given LTS, as introduced in [3]. In this paper we
use M; P; S; : : : to represent LTSs; M; P; Q; : : :, for sets of states; a; b; c; : : :, for actions; and
i; p; q; s : : :, for states. The sequences in Tr(p) are called the traces of S in p.
Given a set of sequences V 2 , we use the notation Pref (V ) to represent all pre xes
of sequences in V . Formally, Pref (V ) = f1 2  j 92 2  (1:2 2 V )g. We also use
\@" to represent the concatenation of two sets of sequences. Formally, assuming V1 ; V2  ,
V1@V2 = f1:2 j 1 2 V1 ^  2 V2g. We also write V n = V @V n?1 for n > 0 and V 0 = f"g.
In the case of nondeterminism, after an observable action sequence, an LTS may enter a
number of di erent states. In order to consider all these possibilities, a state subset (multistate [8]), which contains all the states reachable by the LTS after this action sequence, is
used.

De nition 2 (Multi-state set): The multi-state set of LTS S is the set S = fSi  S j 9 2
 (s0-after- = Si)g.
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notation

meaning

set of sequences over ;  or a1 : : :an denotes such a sequence
p ? 1 : : :n! q there exists pk , 1  k < n, such that p ? 1! p1 : : :pn?1 ? n! q
p=")q
p ?  n! q (1  n) or p = q (note:  n means n times  )
p=a)q
there exist p1; p2 such that p = " ) p1 ? a! p2 = " ) q
p = a1 : : :an ) q there exists pk , 1  k < n, such that p = a1 ) p1 : : :pn?1 = an ) q
p= )
there exists q such that p =  ) q
p 6=  )
no q exists such that p =  ) q
init(p)
init(p) = fa 2  j p = a )g
p-after-
p-after- = fq 2 S j p =  ) qg; S -after- = s0 -after-
Tr(p)
Tr(p) = f 2  j p =  )g; Tr(S) = Tr(s0)

Table 1: Basic notations for labeled transition systems
Note that S0 = s0-after-" is in S and is called the initial multi-state. The multi-state
set can be obtained by a known algorithm which performs the deterministic transformation
of a nondeterministic automaton with trace equivalence [11, 8]. For Figure 1, the multi-state
set is ffs0; s1g; fs2; s3g; fs2g; fs0; s1; s4; s5g; fs5gg.Obviously, each LTS has one and only one
multi-state set.
After any observable sequence, a nondeterministic system reaches a unique multi-state.
Thus from the test perspective, it makes sense to identify multi-states, rather than single
states. This viewpoint is re ected in the FSM realm by the presentation of a nondeterministic
FSM as an observable FSM [12], in which each state is a subset of states of the non-observable
FSM. The viewpoint is also re ected by the refusal graphs [7], in which a node corresponds to
a multi-state.

3 Conformance Testing

3.1 Conformance Relation

The starting point for conformance testing is a speci cation in some (formal) notation, an
implementation given in the form of a black box, and the conformance requirements that the
implementation should satisfy. In this paper, the notation of the speci cation is the LTS formalism; the implementation is assumed to be described in the same model as its speci cation;
a conformance relation, called trace equivalence, is used to formalize the conformance requirements. We say that an implementation M conforms to a speci cation S if M is trace-equivalent
to S.

De nition 3 (Trace equivalence): The trace equivalence relation between two states p and
q, written p  q, holds i Tr(p) = Tr(q).
Given two LTSs S and M with initial states s0 and m0 respectively, we say that M is traceequivalent to S, written M  S, i m0  s0.
We say that two states are distinguishable in trace semantics if they are not trace-equivalent.
For any two states that are not trace-equivalent we can surely nd a sequence of observable
4

actions, which is a trace one of the two states, not both, to distinguish them. We also say that
an LTS is reduced in trace semantics if all of its states are distinguishable in trace semantics.

3.2 Testing Framework

Conformance testing is a nite set of experiments, in which a set of test cases, usually derived from a speci cation according to a given conformance relation, is applied by a tester
or experimenter to the implementation under test (IUT), such that from the results of the
execution of the test cases, it can be concluded whether or not the implementation conforms
to the speci cation.
The behavior of the tester during testing is de ned by the applied test case. Thus a test
case is a speci cation of behavior, which, like other speci cations, can be represented as an
LTS. An experiment should last for a nite time, so a test case should have no in nite behavior.
Moreover, the tester should have certain control over the testing process, so nondeterminism
in a test case is undesirable [19, 22].

De nition 4 (Test cases and test suite): Given an LTS speci cation S =< S; ; ; s0 >, a
test case T for S is a 5-tuple < T; T ; T ; t0; ` > where:
 T  ;
 < T; T ; T ; t0 > is a deterministic, tree-structured LTS such that for each p 2 T
there exists exactly one  2 T with t0 =  ) p;
 ` : T ! fpass; fail; inconclusiveg is a state labeling function.
A test suite for S is a nite set of test cases for S.
From this de nition, the behavior of test case T is nite, since it has no cycles. Moreover, a
trace of T uniquely determines a single state in T, so we de ne `() = `(t) for ftg = t0-after-.
The interactions between a test case T and the IUT M can be formalized by the composition
operator \k" of LOTOS, that is, T k M. When t0 k m0 after an observable action sequence
 reaches a deadlock, that is, there exists a state p 2 T  M such that for all actions a 2 ,
t0 k m0 =  ) p and p =
6 a ), we say that this experiment completes a test run. In order to

start a new test run, a global reset is always assumed in our testing framework.
Usually, LTSs are supposed to be nondeterministic. In order to test nondeterministic
implementations, one usually makes the so-called complete-testing assumption: it is possible,
by applying a given test case to the implementation a nite number of times, to exercise all
possible execution paths of the implementation which are traversed by the test case [8, 13].
Therefore any experiment, in which M is tested by T, should include several test runs and lead
to a complete set of observations Obs(T;M) = f 2 Tr(t0) j 9p 2 T  M; 8a 2  ((t0 k m0)=
 ) p 6= a ))g. Note that for deterministic systems, such as most of real-life protocols, there
is no need for this assumption.
Based on Obs(T;M) , the success or failure of testing needs to be concluded. The way a
verdict is drawn from Obs(T;M) is the verdict assignment for T: Obs(T;M) ) fpass; failg. A
pass verdict means success, which, intuitively, should mean that no unexpected behavior is
found and the test purpose has been achieved; otherwise, the verdict should be fail. If we
de ne the test purpose of T, written Pur(T), to be Pur(T) = f 2 Tr(t0) j `() = passg,
then the conclusion can be drawn as follows.
5

De nition 5 (Verdict assignment): Given an IUT M, a test case T, let Obsfail = f 2
Obs(T;(M) j `() = failg and Obspass = f 2 Obs(T;M) j `() = passg,
M passes T i Obsfail = ; ^ Obspass = Pur(T)
M fails T otherwise:
Given a test suite TS , we also denote that M passes TS i for all T 2 TS M passes T, and
M fails TS otherwise.

3.3 State Labelings of Test Cases

Given a speci cation S, the state labeling function of test cases T must be \sound", that is,
for any implementation M, if M and S are trace-equivalent, then M passes T.
In the context of trace equivalence, a conforming implementation should have the same
traces as a given speci cation. Therefore each test case speci es certain sequences of actions,
which are either valid or invalid traces of the speci cation. The purpose of a test case is to
verify that an IUT has implemented the valid ones and not any of the invalid ones. Accordingly,
we conclude that all test cases for trace equivalence must be of the following form [20]:
De nition 6 (Test cases for trace equivalence): Given an LTS speci cation S, a test case T
is said to be a test case for S w.r.t. , if, for all  2 Tr(t0) and ftig = t0-after-, the state
labeling of T satis es
8
>
if  2 Tr(s0) ^ init(ti) \ out(s0-after-) = ;
< pass
` (ti) = > fail
 62 Tr(s )
: inconclusive otherwise0 :
A test suite for S w.r.t.  is a set of test cases for S w.r.t. .
From this de nition, we have the following proposition [20]: Given a test case T for S w.r.t.
, for any LTS M, if M  S, then M passes T.
Since in trace semantics test cases for S are represented as valid or invalid traces of S,
given a sequence  2 , let  = a1:a2 : : ::an, a test case T for S w.r.t.  can be obtained
by constructing an LTS T = t0 ? a1 ! t1 : : :tn?1 ? an ! tn and then labeling T according to
De nition 6. A sequence that is used to form a test case is also called a test sequence.

3.4 Fault Model and Fault Coverage

The goal of conformance testing is to gain con dence in the correct functioning of the implementation under test. Increased con dence is normally obtained through time and e ort spent
in testing the implementation, which, however, is limited by practical and economical considerations. In order to have a more precise measure of the e ectiveness of testing, a fault model
and fault coverage criteria [2] are introduced, which usually take the mutation approach [2],
that is, a fault model is de ned as a set of all faulty LTS implementations considered. Here
we consider a particular fault model F (m) which consists of all LTS implementations over the
alphabet of the speci cation S and with at most m multi-states, where m is a known integer.
Based on F (m), a test suite with complete fault coverage for a given LTS speci cation with
respect to the trace equivalence relation can be de ned as follows.
6
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Figure 2: A corresponding trace observable system of Figure 1

De nition 7 (Complete test suite): Given an LTS speci cation S and the fault model F (m),
a test suite TS for S w.r.t.  is said to be complete, if for any M in F (m), M  S i M passes
TS .
We also say that a test suite is m-complete for S if it is complete for S in respect to
the fault model F (m). A complete test suite guarantees that for any implementation M in
the context of the given fault model, if M passes all test cases, it must be a conforming
implementation of the given speci cation with respect to the given conformance relation, and
any faulty implementation in F (m) must be detected by failing at least one test case in the
test suite.

4 State Identi cation in Speci cations
Similar to the case of FSMs, in order to identify states in a given LTS speci cation, at rst the
speci cation is required to have certain testability properties, two of which are the so-called
reducibility and observability.

4.1 Trace Observable System

De nition 8 (Trace observable system (TOS)): Given an LTS S, a deterministic LTS S is
said to be the trace observable system corresponding to S, if S  S and S is reduced in trace

semantics.
From the above de nition, the TOS S of S is deterministic, reduced and trace-equivalent to
S; moreover, the TOS S is unique for all LTSs trace-equivalent to S. There are the algorithms
and tools that transform a given LTS into its TOS form [11, 4]. For the LTS in Figure 1, the
TOS is given in Figure 2.
In the context of trace semantics, for any LTS, the corresponding TOS models all its
observable behavior. Therefore, for test generation, any LTS considered can be assumed to be
in the TOS form.

4.2 State Identi cation Facilities

There are the following facilities of state identi cation which can be adapted from the FSM
model to the LTS model. Here we assume that the given LTS speci cation S is in the TOS
form that has n states s0; s1; : : : sn?1, where s0 is the initial state.
7

Distinguishing Sequence

Given an LTS S, we say that an observable sequence distinguishes two states if the sequence
has a pre x that is a trace for one of the two states, but not for both. A distinguishing sequence
for S is an observable sequence that distinguishes any two di erent states. Formally,  2 
is a distinguishing sequence of S if for all si ; sj 2 S; i 6= j , there exists 0 2 Pref () such that
0 2 Tr(si)  Tr(sj ). Given two sets A and B , A  B = (AnB ) [ (B nA).
There are LTSs in the TOS form without any distinguishing sequence. As an example, the
LTS in Figure 2 has no distinguishing sequence.

Unique Sequences

A unique sequence for a state is an observable sequence that distinguishes the given state from
all others. Formally, i 2  is a unique sequence for si 2 S , if, for all sj 2 S; i 6= j , there
exists i0 2 Pref (i) such that i0 2 Tr(si)  Tr(sj ). Let S have n states, a tuple of unique
sequences < 0; 1; : : : ; n?1 > is said be set of unique sequences for S. If there exists  2 
such that i 2 Pref (), for 0  i  n ? 1, then  is a distinguishing sequence. The notion of
unique sequences, also called unique event sequences in [4], corresponds to that of FSM-based
UIO sequences [17].
For the LTS in Figure 2, we may choose < a; b:a; b:a;c > as its unique sequences. Note
that unique sequences do not always exist. For example, if the transition s2?c! s3 in Figure 2
is deleted, then no unique sequence exists for s3 in the resulting LTS.

Characterization Set

If a set of observable sequences, instead of a unique distinguishing sequence, is used to distinguish all the states of S, we have a so-called characterization set for S. A characterization set
for S is a set W   such that for all si; sj 2 S; i 6= j , there exists i 2 Pref (W ) such that
i 2 Tr(si)  Tr(sj ).
There exists a characterization set W for any S in the TOS form. For the LTS in Figure 2,
we may choose W = fa; b:ag.

Partial Characterization Set
A tuple of sets of observable sequences < W0; W1; : : : ; Wn?1 > is said to be partial characterization sets, if, for all si 2 S; 0  i  n ? 1, and for all sj 2 S; i 6= j , there exists i 2 Pref (Wi )
such that i 2 Tr(si)  Tr(sj ). The notion of partial characterization sets correspond to the
notion of partial UIO sequences in [6].
Obviously, since the given S is in the TOS form, in other words, none of its two states are
trace-equivalent, there exist partial characterization sets for S. We also note that the union of
all partial characterization sets for S is a characterization set for S. For the LTS in Figure 2,
we may choose < fag; fb:ag; fb:ag; fa; bg > as its partial characterization sets.
Harmonized State Identi ers
A tuple of sets of observable sequences < H0; H1; : : : ; Hn?1 > is said to be a set of harmonized
state identi ers for S, if it is a tuple of partial characterization sets for S and for i; j =
0; 1; : : : ; n ? 1; i =
6 j , there exists  2 Pref (Hi ) \ Pref (Hj ). Hi also is said to be a harmonized
identi er for si 2 S . The harmonized identi er for si captures the following property: for any
di erent state sj , there exists a sequence i in Pref (Hi ) that distinguishes si from sj and i
is also in Pref (Hj ).
Harmonized state identi ers always exist, just as partial characterization sets do. As
an example, for the LTS in Figure 2, we can choose the harmonized state identi ers H0 =
8

fa; bg; H1 = fb:ag; H2 = fb:ag; H3 = fa; bg. Considering H0: a is used to distinguish s0 from

s3, so a is also in H3; b is used to distinguish s0 from s1 and s2, so H1 and H2 have b:a where
b is its pre x.

5 State Identi cation in Implementations

Similar to FSM-based testing, we assume that the given implementation is an LTS M whose
set of all possible actions is limited to the set of actions  of the speci cation S (the correct
interface assumption [2]). We also have a reliable reset, such that the state entered when this
implementation is started or after the reset is applied is the initial state (the reliable reset
assumption [25]). In the case of nondeterminism, it makes no sense to identify single states of
M, so M is also assumed to be a TOS, in which each multi-state consist of a single state. For
this reason, we require that S is in the TOS form, so that a state identi cation facility can be
developed from S and also can be used to identify the states of M.
In order to identify the states of the implementation M, the number of states of M is also
assumed to be bound by a known integer m. Therefore, M is also a mutant according to the
fault model F (m).
Similar to FSM-based testing [9], there are also the two phases for LTS-based testing. In
the rst phase, the used state identi cation facility is applied to M to check if it can also
properly identify the states in M. Once M passes the rst phase, we can in the second phase
test whether each transition and its tail state are correctly implemented. We present the
structure of tests for the two phases using harmonized state identi ers as an example. In
order to perform the rst testing phase, proper transfer sequences are needed to bring M from
the initial state to those particular states in M to which Hi should be applied. Moreover, it
should be guaranteed that all the sequences in Hi are applied to the same particular state in
M. Since a reliable reset is assumed, we can guarantee this in a way similar to FSM based
testing: after a sequence in Hi is applied, the implementation M is reset to the initial state,
and brought into the same particular state by the same transfer sequence,and then another
sequence in Hi is applied. This process is repeated until all the sequences are applied.
Accordingly, let Q be a state cover for S, i.e. for each state si of S, there exists exactly
one input sequence  in Q such that s0 ?  ! si, similar to FSM based testing, we can use
< N0; N1; : : : Nn?1 > to cover all states of M (a state cover for M), where

Ni = f 2 Q@(0 [ 1 [ : : : [ m?n ) j s0 =  ) sig
and construct a set of test sequences to be executed by M from the initial state in the rst
testing phase as follows:
n
[
TS1 = Ni @Hi
i=0

Inituitively, sequences of the sets Ni are used to reach n required states, as well as all
possible (m ? n) additional states in M. Harmonized state identi ers Hi are applied to identify
all states in M. In order to execute a given sequence  = a1:a2 : : :ak from the initial state
m0, we can convert  into an LTS t0 ? a1! t2 : : : ? ak ! tk and then compose this LTS with
M in parallel composition t0 k m0. Due to nondeterminism, it is possible that this run ends
9

before the nal action of this sequence is executed. Several runs are needed to exercise all the
possible paths of M that can be traversed by this sequence (the complete testing assumption).
Using TS1, we can make test cases for LTS S for the rst testing phase by transforming the
sequences in TS1 into the corresponding LTSs as above and then labeling the LTSs according
to De nition 6. In the following, this transforming and labeling process is always implied if
we say that a test suite is obtained from a given set of test sequences.
After TS1 is successfully executed, all the states of M which execute all traces of Hk are
grouped in the same group f (sk ), where 0  k  n ? 1.
In the second phase of testing, for testing a given de ned transition si ? a! sj in S, it is
necessary to rst bring M into each state mk 2 f (si ), then apply a at this state to see if a
can be executed; moreover, let M be in ml after a is executed, it is necessary to check that
ml 2 f (sj ) which should be veri ed by Hj . (Note that due to nondeterminism, mk may really
be a multi-state, the action that is expected to check may not be executed in a time, so the
above process should be tried several times.) On the other hand, we should further check if
any unde ned transition out of si has been implemented in M, i.e. for each b 2 , if si 6 ?b !,
then check that mk = b ) does not exist. Because if mk ? b ! exists, M is surely an invalid
implementation, so it is not necessary to verify the tail state after b is executed.
Obviously, Ni may be used to bring M to any state mk 2 f (si ). Using this state cover, we
can obtain a valid transition cover < E0; E1; : : : En?1 >, where

Ei = f 2

n[
?1
k=0

(Nk @) j s0 =  ) sig

which covers all transitions that should be present in any conforming implementation, and an
invalid transition cover E ,

E = f:a 2

n[
?1
k=0

(Nk @) j 9si 2 S (s0 =  ) si 6= a ))g

which covers all transitions that should be absent in any conforming implementation.
Next, Hi is used to verify the tail states of reached after each sequence in Ei. Excluding
the transitions that have already been tested in the rst testing phase, we can construct the
set of test sequences for the second testing phase as follows:
n[
?1

TS2 = E [ ( (EinNi)@Hi)
i=0

We conclude that the set of test sequences is expressed as follow, by combining the two
sets of test sequences for the rst and second testing phases:

TS = TS1 [ TS2 = (
= E[(

n[
?1
i=0

n[
?1
i=0

n[
?1

Ni@Hi ) [ E [ ( (EinNi)@Hi )
i=0

Ei@Hi )

We have seen that the above checking experiments for the LTS model is an analogue of
the checking experiments for the FSM model, except that invalid transitions need to be tested
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although their tail states need not to be veri ed. Similarly, it is expected that a test suite which
is derived from S based on the above process is complete with respect to trace equivalence for
the fault model F (m). In the next section, we present the LTS-based test generation methods,
based on various state identi cation facilities presented in Section 4.2.

6 Test Generation
6.1 Methods

Based on the existing state identi cation techniques, we have a number of methods for constructing a set TS of test sequences for a given LTS speci cation S and with certain fault
coverage for the fault model F (m). Let S be given in the form of a TOS with n states. We
can obtain the state cover for implementation < N0; N1; : : :Nn?1 >, the valid transition cover
for implementation < E0; E1; : : :En?1 > and the
invalid transition
cover for implementation
S
S
n
?
1
n
?
E as presented in the above section. Let E = i=0 Ei and N = i=01 Ni.

The DS-method
Similar to the FSM-based DS-method [10], we use a distinguishing sequence  for S to form
a test suite for S, as follows.
TS = E @fg [ E
(1)
Theorem 1 Given an LTS speci cation S in the TOS form and a distinguishing sequence 
for S, the test suite obtained from TS as given in (1) is an m-complete test suite for S w.r.t.
.
Unlike the traditional FSM-based DS-method, the LTS-based DS-method does not construct a single test sequence since a reliable reset exists. It seems that, in case of a deadlock,
the reset is the only way to continue test execution.

The US-method

Let < 0; 1; : : :; n?1 > be a set of unique sequences for S, then a test suite for S, which is
an analogue of that derived by the FSM-based UIO-method [17], can be formed as

TS = (

n[
?1
i=0

Ei@fig) [ E

(2)

As a speci c case, unique sequences might be pre xes of the same (distinguishing) sequence.
For the same reason explained in relation with the DS-method, the US-method does not
combine unique sequences using the rural Chinese postman tour algorithm to obtain an optimal
single test sequence.
Since unique sequences do not always exist, the US-method can be improved if partial
characterization sets are used instead of unique sequences. This corresponds to the improvement on the UIO-method in [6]. Although partial characterization sets exist for any LTS in
the form of a TOS, like the US-method, the improvement can not guarantee that a derived
test suite is m-complete.
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A similar LTS-based test derivation method borrowing the notion of UIO sequences in the
FSM model is proposed in [4], in which unique sequences are called unique event sequences.
This method does not check invalid transitions, so it may not cover a fault where an unde ned
transition has been implemented in the implementation.

The Uv-method

In order to obtain an m-complete test suite, the US-method can be improved such that

TS = N @(

n[
?1
i=0

n[
?1

i) [ ( (EinNi)@fig) [ E
i=0

(3)

Theorem 2 Given an LTS speci cation S in the TOS form and a set of unique sequences
< 0; 1; : : :; n?1 > for S, the test suite obtained from TS as given in (3) is an m-complete
test suite for S w.r.t. .
The length of a set of test sequences derived by the Uv-method is usually larger than
that of a set of test sequences derived by the US-method. However, unlike the US-method,
it guarantees complete fault coverage. The Uv-method corresponds to the FSM-based UIOvmethod [24].

The W-method

Given a characterization set W for S, we form a test suite for S by the following formula. This
is an LTS-analogue of the FSM-based W-method [5].

TS = E @W [ E

(4)

Theorem 3 Given an LTS speci cation S in the TOS form and a characterization set W for
S, the test suite obtained from TS as given in (4) is an m-complete test suite for S w.r.t. .
We note that in the case that jW j = 1, the W-method is the DS-method.
The Wp-method
Let W be a characterization set for S and < W0; W1; : : : ; Wn?1 > be partial characterization
sets for S, similar to the FSM-based Wp-method [9], the Wp-method uses the following test
sequences to form a test suite for S
n[
?1

TS = N @W [ ( (EinNi)@Wi) [ E
i=0

(5)

Theorem 4 Given an LTS speci cation S in the TOS form, a characterization set W and
partial characterization sets < W0; W1 ; : : :; Wn?1 > for S, the test suite obtained from TS as
given in (5) is an m-complete test suite for S w.r.t. .
Obviously, a test suite derived from the Wp-method is a subset of a test suite derived
by the W-method using the union of the Wi as the W set. We note that the Uv-method is
?1  is a characterization set and
a speci c case of the Wp-method, in which the union Sni=0
i
< f0g; f1g; : : : ; fn?1g > are partial characterization sets.
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The HSI-method

Let < H0 ; H1; : : :; Hn?1 > be harmonized state identi ers for S, similar to the FSM-based
HSI-method [14, 13], The HSI-method follows completely the approach presented in the above
section to form a test suite for S.

TS = (

n[
?1
i=0

Ei@Hi) [ E

(6)

Theorem 5 Given an LTS speci cation S in the TOS form and harmonized state identi ers
< H0; H1; : : : ; Hn?1 > for S, the test suite obtained from TS as given in (6) is an m-complete
test suite for S w.r.t. .

?1 H is a characterization set, the length of a test suite derived by the
Since the union Sni=0
i
HSI-method is usually less than that of a test suite derived by the W-method.
The Wp-method and the HSI-method are two basic methods; all the other methods are
reduced to their speci c or simpli ed cases. For example, the DS-method is a speci c case of
the W-method, the Uv-method is a speci c case of the Wp-method, while the Wp-method is
an improved case of the W-method. On the other hand, the HSI-method is an improved case
not only of the US-method, but also of the W-method. Thus in order to prove all the above
theorems, it is enough to prove the Wp-method and the HSI-method.

6.2 Examples

Assuming that the speci cation is given in Figure 2, with the HSI-method, we can derive a
4-complete test suite, which checks trace equivalence with respect to this speci cation, as well
as to the speci cation in Figure 1 which has the same traces, as follows.

s0 s1 s2
s3
State Identi ers Hi
a; b b:a b:a
a; b
State Cover Q
"
a c
a:c
Valid Transition Cover Ei "; a:b a c
a:c; c:b; c:c
Invalid Transition Cover E = fb; a:a; c:a; a:c:a; a:c:b; a:c:cg
TS = fb; a:a; c:a; a:b:b; a:b:a; a:c:a; a:c:b; a:c:c; c:b:a; c:b:b; c:c:a; c:c:bg. The corresponding
test cases are shown in Figure 3.
Similarly, we could also use the Wp-method to derive a 4-complete test suite for the
speci cation.
s0
Wi a
Q
"
Ei "; a:b

s1 s2
s3
b:a b:a
a; b
a c
a:c
a c a:c; c:b; c:c
W = fa; b:ag
E = fb; a:a; c:a; a:c:a; a:c:b; a:c:cg
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incon

incon

incon

incon

a

c

a

a

pass

pass

incon

incon

a

a

b

b

incon

pass

a

b

fail

fail

incon

incon

a

incon

c

incon

c

incon

c

incon

b

pass

c

pass

pass

fail

c

a

a

b

a

b

b
pass

fail

fail fail fail fail

fail fail

fail

Figure 3: A complete test suite for the LTS speci cation in Figure 2.1
TS = fb:a; a:a; c:a; a:b:a; a:c:a; a:c:b:a; a:c:c; c:b:a; c:b:b; c:c:a; c:c:bg.
We note that a characterization set W may contain sequences whose suxes are not necessary for the identi cation of some states; thus it follows that the tests derived by the Wpmethod may have certain redundancy. For example, the W set in the above example includes
b:a, in which the sux a is not necessary to identify the initial state s0 because b should be
blocked in the corresponding state for any conforming implementation. The HSI-method can
avoid the redundancy if appropriate harmonized state identi ers are selected such that they
do not contain such suxes.

7 Conclusion
Labeled transition systems (LTSs) are the basic semantics for the LOTOS language and other
speci cation formalisms. In this paper, we have rede ned, in the LTS model, the notions of
state identi cation, which were originally de ned in the formalism of input/output nite state
machines (FSMs). Then we presented corresponding test derivation methods for speci cations
given in the LTS formalism that derive nite tests with fault coverage for the so-called trace
equivalence relation. Note that the existing FSM-based methods are not directly applicable
to LTSs, because LTSs assume rendezvous interactions making no distinction between inputs
and outputs.
The notions of state identi cation in the LTS realm are distinguishing sequence, unique
sequences, the characterization set, partial characterization sets and harmonized state identiers. The test generation methods based on these state identi cation techniques are the DSmethod, the US-method, the Uv-method, the W-method, the Wp-method and HSI-method.
Among these methods, the DS-method, Uv-method, the W-method, the Wp-method and the
HSI-method guarantee complete fault coverage.
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Appendix
In this appendix we give the proof of Theorem 4 and Theorem 5. First we recall the basic assumptions
and introduce several notations to help the proof, then we prove a series of lemmas among which
Lemmas 1, 2, 3, 4, 7, 8, 9 and 10 lead to Theorem 5 and Lemmas 1, 2, 4, 5, 6, 7, 8, 9 and 10 lead to
Theorem 4.
Given an LTS speci cation S and an LTS implementation M, we assume the following:
(1) All states of S and M are reachable from the initial state s0 and m0 , respectively.
(2) S is the TOS of S and has at most n states with n > 1.
(3) M is the TOS of M and has at most m states with m  n.
(4) si ; sj ; sk ; sl and mi ; mj ; mk ; ml represent the states of S and M, respectively.
(5) A tuple of harmonized state identi ers fH0; H1; : : :; Hn?1g (for Theorem 5).
(6) A characterization set W and a tuple of partial characterization sets fW0 ; W1; : : :; Wn?1 g
(for Theorem 4).
(7) Q is a state cover for S (See Section 5).
S ?1 N .
(8) < N0 ; N1; : : :Nn?1 > is a state cover for M (See Section 5) and N = ni=0
i
(10) TS is a set of test sequences obtained by Theorem 5 or Theorem 4.
(11) TS 0 be the test suite that is obtained from TS by converting each a1 :a2 : : :ak 2 TS into an LTS
t0 ? a1! t2 : : :? ak! tk and then labeling the LTS according to De nition 6.

De nition 9 V{equivalence. Given a set V  , The V{equivalence relation between two states p
and q , written p V q , holds if and only if for all  2 Pref (V ),  2 Tr(p) ,  2 Tr(q ).

Given two LTSs S and M with initial states s0 and m0 respectively, we say that M is V-equivalent to
S, written S V M, if only if s0 V m0.

notation
meaning
[si ; mi ] ? a! [sj ; mj ] For a 2 ; si ? a! sj and mi ? a! mj
[si ; mi ]=  ) [sj ; mj ] For  2  ; si =  ) sj and mi =  ) mj
[si ; mi ]-after-V
given a pair of states [si ; mi ] 2 S  M , and a set V  
[si ; mi ]-after-V = f[sj ; mj ] j 8 2 Pref (V ) ([si ; mi ]=  ) [sj ; mj ])g
D
D = [s0 ; m0]-after-
Dr
Dr = f[si ; mj ] 2 D j si H mj g (f[si ; mj ] 2 D j si W mj g)
S
k



k

 =

i

k i
i=0

Lemma 1 For V  , assume j[s0; m0]-1after-V j  k. If jDj > k, then j[s0; m0]-after-V:1j 
k + 1; if jDj  k, then [s0 ; m0]-after-V @ = [s0; m0]-after-V .
Proof:
(I ) To prove that the lemma holds when jDj > k.
The lemma holds when j[s0 ; m0 ]-after-V j > k. Consider the case that j[s0 ; m0 ]-after-V j = k.
(1) jDj > k and j[s0 ; m0 ]-after-V j = k
hypothesis
de nition of D
(2) [s0 ; m0 ]-after-V  D
(3) 9[sk ; mk ] 2 Dn[s0; m0]-after-V
(1),(2)
(1)
9[si; mi ] 2 [s0; m0]-after-V
(2)
9 2 Pref (V ) 9:a 2 ([s0; m0]=  ) [si; mi] ? a! [sk ; mk ])
1
(4) [sk ; mk ] 2 [s0 ; m0]-after-V @ n[s0; m0]-after-V
(3)
1
(5) [s0 ; m0 ]-after-V @  k + 1
(4).
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(II ) To prove that the lemma holds when jDj  k.
(1) jDj  k and j[s0 ; m0 ]-after-V j = k
(2) [s0 ; m0 ]-after-V  D
(3) [s0 ; m0 ]-after-V @1 = [s0; m0]-after-V

hypothesis
de nition of D
(1),(2).

Lemma 2 Assume s0 Q m0. If jDj > m, then j[s0; m0]-after-Q@m?n j  m; and if jDj  m,
then [s0 ; m0 ]-after-Q@m?n = D.
Proof:
(I ) To prove that the lemma holds when jDj > m.
(1) s0 Q m0 and jDj > m
hypothesis
initially connected S, (1)
(2) j[s0; m0 ]-after-Qj  n
m?n
(3) j[s0; m0 ]-after-Q@ j  m
Lemma 1, (1),(2).
(II ) It is evident from Lemma 1 when jDj  m.
Lemma 3 If si H mk and sj H mk , then i = j .
Proof:
(1) For V  ; si V mk , si Pref (V ) mk
evident
hypothesis
(2) si H mk and sj H mk
(1),(2)
(3) si Pref (H ) mk and sj Pref (H ) mk
(4) i =
6 j
assumption
de nition of Hi , (4)
(5) 9 2 Tr(si )  Tr(sj ) \ Pref (Hi ) \ Pref (Hj )
(6) let  2 Tr(si ), then  2 Tr(mk )
(3)
(3),(6)
(7)  2 Tr(sj )
(8) i = j
(6),(7)6, Tr(si )  Tr(sj ):
Lemma 4 jDrj  m.
Proof:
hypothesis
(1) jM j  m
(2) jDr j > m
assumption
(3) 9[si ; mk ]; [sj ; mk ](i =
6 j; si H mk ^ sj H mk )
(1),(2)
6 j; si W mk ^ sj W mk ))
(9[si ; mk ]; [sj ; mk ](i =
(4) jDr j  m
(3)6,Lemma 3 (de nition of W ).
Lemma 5 If s0 N @W m0, then 8[si; mk ] 2 D (9[sj ; mk ] 2 Dr ).
Proof:
(1) s0 N @W m0
hypothesis
(1)
(2) s0 Q m0
assumption
(3) not (8[si ; mk ] 2 D (9[sj ; mk ] 2 Dr ))
m?n
(4) [s0; m0]-after-Q@
 Dr  D
(1),(3)
(5) jDj > m
(2),(4),Lemma 2
(2),(5),Lemma 2
(6) [s0; m0]-after-Q:m?n  m
(7) jDr j  m
(4),(6)
6 l; sj W mk ^ sl W mk ))
(7)
(8) 9[sj ; mk ]; [sl ; mk ] 2 Dr (j =
de nition of W
(9) not (sj W sl )
(10) 8[si ; mk ] 2 D (9[sj ; mk ] 2 Dr )
(8)6,(9).
i

i

j

j

i

j

i

j
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Lemma 6 If s0 N @W m0, then 8[si; mk ] 2 D (si W mk , si W mk ).
Proof:
(1) s0 N @W m0
hypothesis
assumption
(2) [si ; mk ] 2 D; si W mk
(1),(2), Lemma 5
(3) sj W mk
(4) si W sj
(2),(3), Wi  Pref (W )
i

i

(5)
(6)
(7)
(8)

i=j
8[si; mk ] 2 D (si W mk ) si W mk )
8[si; mk ] 2 D (si W mk ) si W mk )
8[si; mk ] 2 D (si W mk , si W mk ).

(4), de nition of Wi
(2),(5)
de nition of Wi

i

i

i

Lemma 7 If s0 TS m0, then [s0; m0]-after-Q@m?n = Dr = D.
Proof:

(I ) To prove that the lemma holds when jDj  m.
(1) jDj  m
(2) s0 TS m0
(3) s0 Q m0
(4) [s0 ; m0 ]-after-Q@m?n = D
(5) 8[si ; mj ] 2 [s0 ; m0]-after-Q@m?n (si H mj )
(8[si ; mj ] 2 [s0 ; m0 ]-after-Q@m?n (si W mj ))
(6) D = Dr
(II ) To prove that the lemma holds when jDj > m.
(1) jDj > m
(2) s0 K m0
(3) [s0 ; m0 ]-after-Q@m?n+1  D
(4) 8[si ; mj ] 2 [s0 ; m0]-after-Q@m?n+1 (si H mj )
(8[si ; mj ] 2 [s0 ; m0 ]-after-Q@m?n+1 (si W mj ))
(5) [s0 ; m0 ]-after-Q@m?n+1  Dr
(6) j[s0; m0 ]-after-Q@m?n+1 j  m + 1
(7) jDr j  m + 1
(8) jDj  m
(9) [s0 ; m0 ]-after-Q@m?n = Dr = D
i

i

hypothesis
hypothesis
(2)
(1),(3),Lemma 2
(2)
(4),(5),de nition of Dr .
assumption
hypothesis
de nition of D
(2)
(3),(4),de nition of Dr
(1),(2),Lemma 2,Lemma 1
(3),(4)
(5)6,Lemma 4
(6),Lemma 2.

Lemma 8 If s0 TS m0, then s0  m0.
Proof:
(1) s0 TS m0
(2) 8[si ; mi ] 2 D 9 2 Q@m?n ([s0 ; m0 ]=  ) [si ; mi ])
(3) si  mi
(4) not(s0  m0 )
(5) 9a 2  9[si ; mi ] 2 D not(si fag mi ))
(6) s0  m0
Lemma 9 s0 TS m0 i s0  m0.
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hypothesis
(1),Lemma 7
(1)
assumption
(4)
(5)6,(3).

Proof:
(1)
(2)
(3)
(4)
(5)

s0 TS m0 ) s0  m0
s0  m0 ) s0 TS m0
s0 TS m0 , s0  m0
s0  s0; m0  m0
s0 TS m0 , s0  m0

Lemma 8
evident
(1),(2)
de nition of TOS
(3),(4).

Lemma 10 For all M 2 F (m), M passes TS 0 i S  M.
Proof:

(I) To prove S  M =) M passes TS 0.
(1) S  M
hypothesis
(2) M fails TS 0, i.e. 9T 2 TS M fails T
assumption
(3) 9 2 Obs(T;M) (`( ) = fail) or
de nition 5, (2)
9 2 Tr(t0 (ell() = pass ^  62 Obs(T;M))
(4) 9 2 Tr(M)nTr(S) or 9 2 Tr(S)nTr(M)
de nition 6, (3)
(5) not (S  M)
de nition 3, (4)
0
(6) M passes TS
(5)6,(1).
(II) To prove M passes TS 0 =) S  M.
(1) 8M 2 F (m) (M passes TS 0)
hypothesis
(2) 9M 2 F (m) (not (S  M))
assumption
(3) 9 2 TS ( 2 Tr(M)nTr(S) or  2 Tr(S)nTr(M))
Lemma 9
(4) let T 2 TS where  2 Tr(t0)
T made by 
(5) `( ) = fail ^  2 Obs(T;M) or `( ) = pass ^  62 Obs(T;M)
de nition 6, (3)
(6) M fails T, i.e. M fails TS 0
de nition 5 (5)
(7) S  M
(5)6,(1).
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